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Abstract Numerical predictions of heat transfer under laminar conditions in a square duct with ribs are presented in this paper. Ribs are provided on top and bottom walls in a square duct in a staggered manner. The
ﬂow rates have been varied between Reynolds number 200 and 600. Various
conﬁgurations of ribs by varying length, width and depth have been investigated for their eﬀect on heat transfer, friction factor and entropy augmentation generation number. Further artiﬁcial neural network integrated with
genetic algorithm was used to minimize the entropy augmentation generation number (performance factor) by selecting the optimum rib dimensions
in a selected range. Genetic algorithm is compared with microgenetic algorithm to examine the reduction in computational time for outlay of solution
accuracy.
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Nomenclature
i, j
k
L, W, D
Ns,a
Nu
P
Re
ṡgen
Ṡgen
Ṡgen,o
Ṡgen,a
T
tANN,i
tnum,i
ui
xj

–
–
–
–
–
–
–
–
–
–
–
–
–
–
–
–

indices (= 1, 2, 3)
thermal conductivity, W/mK
length, width, depth, m
entropy augmentation generation number
Nusselt number
pressure, Pa
Reynolds number
local entropy generation (W/m3 K)
global entropy generation (W/K)
original global entropy generation, W/K
augmented global entropy generation, W/K
temperature, K
neural network output
actual output
velocity components, m/s
Cartesian coordinates, m

Greek symbols
α – thermal diﬀusivity, m2 /s
ν – kinematic viscosity, m2 /s
ρ – density of ﬂuid, kg/m3
φ – viscous dissipation rate, W/ m3
Abbreviations
ANN – artiﬁcial neural network
GA – genetic algorithm
µGA – microgenetic algorithm

1

Introduction

Compact heat exchangers are being developed due to the space constraint.
The thermal performance of a heat exchanger is strongly inﬂuenced by the
thermal resistance between the ﬂuids. It includes the conductive resistance
of tube material and the convective resistance due to the static boundary
layer of the ﬂuid over the tube wall. Stagnation boundary layer formed
is major cause for decreasing heat transfer rates. Turbulators like the rib
roughened tubes, twisted tape inserts, and conical ring inserts, etc. play
a major role for enhancement of convective heat transfer. These techniques
induce a disturbance in the boundary layer ﬂow, which promotes the ﬂuid
mixing and thereby increases the heat transfer rate at moderate cost of
pumping power.

Neuro-genetic optimization of ribbed heat exchanger. . .

171

Thianpong et al. [1] have reported the eﬀect in case of water as the
working ﬂuid of a dimpled tube ﬁtted with a twisted tape insert on heat
transfer and friction. The results show that the twisted tape inserted dimpled tube has higher friction factor and convective heat transfer coeﬃcient
than those of a dimpled tube and a smooth tube. Kathait and Patil [2]
investigated the eﬀect of discrete corrugated rib roughness on heat transfer
and frictional losses in a heat exchanger tube. It brought out 2.73 and 2.78
folds enhancements in the Nusselt number and friction factor, respectively
for corrugated tube with ﬁve numbers of gaps. Kamali and Binesh [3] studied friction and heat transfer with various-shaped ribs mounted on one wall
in a square duct. The simulations were performed with decreasing height in
the ﬂow direction for four rib shapes, i.e., square, triangular, trapezoidal,
and with increasing height in the ﬂow direction for trapezoidal. The results show that the heat transfer coeﬃcients were strongly aﬀected by the
rib shape. Trapezoidal ribs with decreasing height in the ﬂow direction
provide higher heat transfer enhancement and pressure drop. Jaurker et
al. [4] stated that Nusselt number can be further enhanced beyond that
of ribbed duct while keeping the friction factor enhancement low with ribgrooved artiﬁcial roughness on one broad heated wall of a large aspect
ratio duct. Thinapong et al. [5] presented an experimental investigation
on turbulent heat transfer and friction loss behaviors of airﬂow through a
constant heat ﬂux channel ﬁtted with diﬀerent heights of triangular ribs.
Webb et al. [6] experimentally studied the eﬀect of diﬀerent rib spacing, rib
height and rib angles on the heat exchanger performance in circular tubes
having a repeated-rib roughness. Manca et al. [7] presented a numerical
investigation with a constant heat ﬂux applied on the bottom and upper
external walls on forced convection in a rectangular channel with air as
medium. Thinapong et al. [8] presented the inﬂuence of diﬀerent heights
of triangular ribs on turbulent heat transfer and friction loss behaviors of
airﬂow through a constant heat ﬂux channel ﬁtted with experimentally.
Skullong et al. [9] had investigated the heat transfer in heat exchanger at
the rib angle of 45o for varying rib height to channel height ratios (0.1,
0.15, 0.2). Choi et al. [10] has compared the heat transfer coeﬃcient for
varying dimple diameters, dimple pitch, rib pitch and rib angle. Liu et al.
[11] had investigated the eﬀect of cylindrical ribs in a square duct on heat
transfer. Abed et al. [12] presented a computational study ﬂow characteristics and heat transfer in corrugated with V-shape lower plate using nano
ﬂuids. The computations are performed uniform heat ﬂux over a range of
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Reynolds number Re = 8000–20 000. V-shaped wavy channels proved to
be advantages by using nano ﬂuids and thus serve as promising candidates.
Piechowski based on the second law of thermodynamics studied a relatively
new approach to optimisation of a ground heat exchanger. He worked to
get optimum combination of circulating water ﬂow rate and pipe diameter [13]. Bejan [14–17] showed entropy is generated through temperature
gradient and ﬂuid friction in a heat exchanger. Sekulic et al. [18] using enthalpy exchange irreversibility norm discussed the behavior of parallel ﬂow
and counter ﬂow heat exchangers. Sekulic et al.[19] further using the entropy generation estimated the quality of the heat exchange process in heat
exchanger. Ogulata et al. [20] experimentally studied cross ﬂow plate-type
heat exchanger using entropy generation number. Laskowski estimated the
diameter of church window condenser using entropy generation minimization approach [21]. Konchada et al. [22] had taken entropy generation as
measuring parameter of heat exchanger eﬃciency, and analyzed the eﬀect of
mass ﬂow and other parameters on entropy generation. New optimization
technique by combining artiﬁcial neural networks (ANN) and genetic algorithms (GA) was proposed and applied to natural convection by Kadiyala
and Chattopadhyay [23]. Optimum set of parameters are found to maximize the heat transfer rate for laminar slot jets impinging on the surface
using ANN combined with GA by Kadiyala and Chattopadhyay [24]. Li
et al. [25] had combined ANN with a multi-objective genetic algorithm
(MOGA) to maximize the heat transfer and minimize the pressure drop for
given corrugation height and angle of attack as input parameters. Ge et
al. [26] had optimized six microchannel parameters using multi-objective
genetic algorithm and multi-objective particle swarm optimization to maximize the heat transfer, Kishore et al. [27] had estimated the optimum
dimple position, diameter and pitch of twisted tape by ANN combined
with GA to ﬁnd the maximum thermohydraulic performance factor.
From the above literature study it is clear that no work has been done
to augment the heat transfer rate by varying all the rib parameters (length,
width, and height) placed alternatively on top and bottom surface of duct.
In this present study so computational ﬂuid dynamics analysis is carried
using commercial code Fluent on square ducts with rectangular ribs of different dimensions with water as working ﬂuid. The ribs are positioned
alternatively on top and bottom of duct to boost the ﬂuid mixing. Periodic boundary condition was imposed on inlet and outlet to simulate it as
fully developed ﬂow. Then entropy generation number was calculated for
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diﬀerent conﬁguration and Reynolds number. Optimization technique GA
integrated with ANN was used to obtain the optimal solution for the given
rib dimensions.

2
2.1

Numerical procedure
Mathematical model

A square duct of 13 mm side and length 156 mm is considered adopted
from works of Saha and Mallik [28]. Rectangular ribs of depth 2–3 mm,
length 8–9 mm, and width 2–4 mm are considered on the duct alternatively
on top and bottom of duct as shown in Fig. 1.

Figure 1: Model of square duct with rectangular ribs.

2.2

Governing equations

The conservation equations representing steady state continuity, momentum and energy neglecting compressibility and viscous dissipation are given
below, using idex notation (i, j = 1, 2, 3):
continuity equation
∂ui
= 0,
∂xi

(1)
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momentum equation
uj

∂ui
1 ∂P
∂ 2 ui
=−
+ν
,
∂xj
ρ ∂xi
∂xj ∂xj

(2)

∂T
∂2T
=α
.
∂xj
∂xj ∂xj

(3)

energy equation
uj

2.3

Mesh independence study and validation

Mesh independence study is carried out for ribbed duct with unstructured
mesh and heat transfer coeﬃcient as output parameter. The selected mesh
with 689 954 elements has deviated 0.9% from previous 532 756 elements
step by following Richardson extrapolation (Fig. 2). And hence above considered mesh conﬁguration is used in further simulations. Mesh with proximity, curvature and inﬂation turned on for simulation as shown in Fig. 3.

Figure 2: Mesh independence study.

2.4

Boundary conditions and solution procedure

A constant heat ﬂux of 10 000 W/m2 was applied on the wall of ribbed
duct and a no slip boundary condition. The inlet and outlet of the ribbed
duct are assumed periodic to interpret the ﬂow as fully developed.
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Figure 3: Mesk of square duct with rectangular ribs.

The semi implicit pressure linked equation (SIMPLE) algorithm was
used for pressure-velocity coupling. Second order scheme is used for momentum, energy and pressure for spatial discretization. The convergence
criteria set for equations of momentum and continuity is 10−4 and for energy is 10−7 .

2.5

Entropy augmentation generation number

Entropy generation rate consists of two parts one ‘viscous’ (ṡv ), depends on
the physical viscosity, on the local temperature of the ﬂuid and on the second power of the local velocity gradient, and another, called ‘thermal’ (ṡT ),
that depends on the physical conductivity, square of the local temperature
of the ﬂuid and second power of the local temperature gradient:
ṡgen

k
= ṡT + ṡv = 2
T

"

∂T
∂x1

2

+



∂T
∂x2

2

+



∂T
∂x3

2 #

+

φ
,
T

(4)

whereas φ being the rate of viscous dissipation per unit volume. In our case
ﬂow considered is laminar so the viscous dissipation is neglected. Note that
the entropy generation rate expressed in (4) is per unit volume (W/m3 K).
The global entropy generation rate of the entire domain is computed as the
integral of the local rates
Ṡgen =

Z

v

ṡgen dv .

(5)
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Thermodynamic impact of augmented case can be compared to the original
one. Bejan and Pﬁster [29] proposed that the merit of a given heat transfer
augmentation technique may be evaluated by comparing the rate of entropy
generation of the heat exchange apparatus before and after the implementation of the augmentation technique. Entropy generation augmentation
number is given by [30–32]
Ns,a =

Ṡgen,a
.
Ṡgen,o

(6)

For N s,a < 1 are thermodynamically advantageous augmentation technique
because, in addition to enhancing heat transfer, they reduce the degree of
irreversibility of the apparatus.

3
3.1

Outline of optimization
Genetic algorithm

Genetic algorithms (GA) are adaptive heuristic search algorithms premised
on the evolutionary ideas of natural selection and genetic [33]. These algorithms encode a potential solution to a speciﬁc problem on a simple
chromosome-like data structure and apply genetic operators to these structures [34]. The ﬂow chart for optimization was given by Kadiyala and
Chattopadhyay [23]. Population size and the crossover fraction considered
is 20 and 0.8.

3.2

Microgenetic algorithm

The microgenetic algorithm (µGA) is a small population genetic algorithm.
Computational time required to achieve best ﬁt solution is less due to size of
population. The population size is 5 for each generation. The ﬂow diagram
was given by Madadi and Balaji [35].

3.3

Artificial neural network (back propagation)

One of the ANN models extensively used for power system application is
the multilayer perceptron model based on the back propagation algorithm
[23,27].
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Results and discussions

Numerical simulation procedure adopted in this study is compared with
the numerical results obtained by Nonino and Comini for 90◦ staggerd ribs
in a square duct [36]. There is a maximum of 3% variation obtained by the
adopted procedure compared to Nonino results. Present solution procedure
is also applied to plain square duct has given a maximum variation of 6%
(fully developed ﬂow) compared to a known value of 3.63.

4.1

Heat transfer

The enhancement of heat transfer rate can be observed in Fig. 4 compared
to a plain square duct due to increase in mixing of ﬂow and ﬂow rotation.
The ﬂuid starts reattaching the surface after the rib and thus helping to

Figure 4: Nusselet number versus Reynolds number for ribbided duct.

mixing of ﬂuid rigorously and increasing thermal dispersion. Rate of increase in heat transfer rate decreases (Nusselt number, Nu = 5.1 decreases
to 6.6 and Nu = 9.11 to 9.7, respectively) as the Reynolds number augments due to the decrease in thermal capacity of ﬂuid. The local maxima
heat transfer coeﬃcient will be in the spacing of ribs due to reattaching ﬂow
and hence heat transfer coeﬃcient would be more in the space between two
ribs. The augmentation is mostly depending on the depth of rib compared
to width and length due to contact area improvement.
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Friction factor

It can be noted that from Fig. 5 friction factor increases with the depth of
rib due to escalation in local stagnation area. At high Reynolds number the
friction factor is low for any dimension of rib but at low Reynolds number
friction factor was high for any conﬁguration, since at high Reynolds number inertia dominates the viscous forces for the given conﬁguration. The
variation of friction factor at low Reynolds number is approximately 40%
compared to high Reynolds number 16% due to velocity of ﬂow.

Figure 5: Friction factor versus Reynolds number for ribbided duct.

4.3

Entropy generation augmentation number

Entropy augmentation generation number is lower at high Reynolds number
due to low thermal gradients compared to low Reynolds number. From
Fig. 6 it can be inferred that as the depth increases heat transfer rate
is increased correspondingly Ns,a is decreased, and hence we can consider
Ns,a as performance criteria for heat exchanger.
In Matlab software a feed forward back propagation network is used
which is trained by using the Levenberg-Marquardt algorithm which is also
used in the least squares curve ﬁtting problem [27]. The inputs to the ANN
are the length (L), width (W ) and depth (D) of the rib and the required
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Figure 6: Entropy generation augmentation number versus Reynolds number.

output is entropy augmentation generation number. The input parameters
are varied according to diﬀerent sizes in which the depth is varying from
2 mm to 3 mm, the width of the rib varying from 2 mm to 4 mm and the
length of the rib varying from 8 mm to 9 mm. Number of neurons in the
hidden layer was selected by using performance parameter such as the root
mean square error (RMSE). The parameter is deﬁned as

RMSE =

s

PN

i=1 (tAN N,i

N

− tnum,i )2

(7)

where N is the number of neurons.
The parity plot (Fig. 7) of the ANN for Ns,a with abscissa represents
the numerically generated Ns,a and the ordinate represents Ns,a predicted
by the neural network. As a majority of the data lie within 8% of the parity
line, it can be concluded that the neural network developed in the present
study is adequate to predict Ns,a and serves as surrogate to numerically
developed value. Table 1 shows the variation of RMSE with a number of
neurons in the hidden layer. From this study, a network with 4 neurons in
the hidden layer with RMSE of 0.009 is selected.
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Table 1: Number of neurons in hidden layer and RMSE.
Serial No. No. of neurons

RMSE

1

2

0.013153

2

3

0.012692

3

4

0.009430

4

5

0.012550

5

6

0.012139

6

7

0.011900

7

8

0.018700

8

9

0.014290

9

10

0.015710

Figure 7: Partity plot showing the adequacy of the ANN.

4.4

Optimization

The objective function is minimization of entropy augmentation generation
number and may be assumed as Ns,a = f (D, W, L). A total of 50 simulation
results are fed into ANN by varying depth, width, and length within the
considered range. After 51 generations GA yielded the optimum value and
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for µGA, it is 52 generations. As heat transfer rate is augmented, with
escalating surface area optimum, the value yielded is 0.137882 for genetic
algorithm and 0.138352 for microgenetic algorithm (Tab. 2). By using the
µGA the computational time is reduced more than half with sigbniﬁcantly
smaller variation in optimum values.
Table 2: Optimization results.
Algorithm Re Width
(mm)

GA

µGA

5

Depth
(mm)

Length
(mm)

Computational
time (s)

200 2.00362 4

8.1

0.2409

280

300 2.1

4

8.02

0.193

270

400 3

2

8

0.146

260

500 2.386788 4

8

0.111

255

600 2.32782 4

8

0.08

250

200 2.23

3.87

8.15

0.22

60

300 2.22

3.7

8.4

0.185

55

400 2.8

2.3

8.2

0.133

40

500 2.56

3.78

8.2

0.097

48

600 2.7

3.7

8.4

0.092

39

Conclusions

Ribs on the duct surface have enhanced the heat transfer rate at the optimal cost of pressure drop. For the length, width, and depth of the rib,
respectively 3 mm, 2 mm, and 8 mm the Nusselt number is increased from
(5.1 to 9.2) at low Reynolds number in the laminar regime (200 to 600),
whereas friction factor is decreased (from 0.4 to 0.24). Entropy augmentation generation number considered for the performance evaluation was
decreased with increase in Reynolds number (200 to 600) from 0.5 to 0.1
for the above mentioned depth, width and length of rib. The trend is being
similar for all conﬁgurations of ribs. It is been observed that the inﬂuence
of depth of rib is more compared to others on entropy augmentation generation number.
Further optimization is carried for ribs of diﬀerent dimensions placed
alternatively on top and bottom of the surface using the artiﬁcial neural
network combined with the genetic algorithm. Optimum conditions are
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obtained as the Reynolds number varied from 100 to 600, length variation
with Reynolds number is not signiﬁcant to a great extent but the depth has
a dip at Reynolds number of 400 with simultaneous increase in width. Value
has decreased with increase in Reynolds number indicating augmentation
of heat transfer. Then the results obtained with the genetic algorithm are
compared with the microgenetic algorithm. Both of them gave the optimum conditions with variation less than 5% and the computational time
was reduced by more than six times (for the Reynolds number 600 the
computational time was 250 s for the case of genetic algorithm, while only
39 s for microgenetic algorithm) .
Received 8 October 2018
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